Preliminaries, Let A be the category of groups and B the Serre class of bounded groups. Then A/B is the quotient category as defined by Grothendieck [5] . The objects A/B are the objects of A.
Horn*,* (G, H) -lim Horn (<?', H/H') , (G',H')eD
where D = {G r , H'\G' ^ G, Jϊ' S -ff; G/G', IP e £}. D is directed by (<?', IP) ^ (G", if") if and only if G" S G' and H' S -ff". For a thorough discussion of the category A/B, the reader should see either Ensey [4] or E. A. Walker [9] . From Walker's results, it follows that G = H in A/B if and only if there exist subgroups S and A of G, and Γ and 5 of H such that S/A = T/B and G/S, ίί/Γ, A, and 5 are bounded. Two groups G and ϋf are quasi-isomorphic if there exist isomorphic subgroups S and T of G and iϊ respectively such that G/S and ίί/2 7 are bounded. Then clearly, quasi-isomorphism implies isomorphism in A/B, and for torsion-free groups, the converse also holds. 1 From here on, the word group is used to mean Abelian group.
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The following two conditions of Beaumont and Pierce [1] are used in the next section: (I) there exists an integer k J> 0 such that for all integers n ^ 0 and r ^ 0
for all a ^ ω. Here G and H are groups and the notation f G {β) denotes the β th Ulm invariant of G.
Ensey [4] for each n < co and each a < τ(G), where τ(G) denotes the type of G, defined below. These two results are referred to as "HilFs Uniqueness Theorem" and "Hill's Existence Theorem," respectively. It should be noted that the results of this paper follow equally well from the uniqueness and existence theorems of P. Crawley and A. Hales [3] .
All groups considered are reduced p-groups for a fixed prime p. τ(G) denotes the type of G, the smallest ordinal τ such that G r = 0;
a+ \ the α th Ulm factor of G. The notation d.s.c, adopted from R. Nunke [8] , stands for a direct sum of countable reduced p-groups.
2* Ulm's Theorem in A/B. The following theorem is an extension of a theorem of Beaumont and Pierce [1] from the class of d.s.c. groups to the class of totally protective groups, which follows immediately from results of Nunke [8] and Hill [6] , [7] . THEOREM 
Let G and H be totally projective. Then G is quasi-isomorphic to H if and only if G and H satisfy conditions (I) and (II).
Proof. It was shown in [1] that if G and H are arbitrary p-groups, then (I) and (II) hold if G is quasi-isomorphic to H. In [6] (Ensey, [4] .) Let {G a } aeI and {H a } aeI be two families of groups indexed by the same set /. These families are uniformly quasi-isomorphic if there exists an integer k ^ 0 and for each a el,
The following lemma relates this concept to that of isomorphism in A/B for totally projective groups. LEMMA 
Let G and H be totally projective. If G = H in A/B, then the corresponding Ulm factors of G and H are uniformly quasi-isomorphic.
Proof. Ensey [4] has shown that for any reduced p-groups G and H such that G = H in A/B, (I) holds for G a and H a with the k of (I) the same for all a.
G, and p ωa G is totally projective, it follows that G a and H a are direct sums of cyclic groups. This being the case, Ensey [4] has shown that the corresponding Ulm factors of G and H are uniformly quasi-isomorphic.
That the converse of Lemma 2 also holds is the content of the next two lemmas and the succeeding theorem. The notation fr(G) is used to denote the final rank of G. Recall that if the rank of G is denoted r(G), then by definition, fr(G) = min %<ω r(p n G). All references to Ensey refer to [4] . Thus, let S α -S' a 0Sίf where fr(S' a ) = /r(Si') -/r(S α ). Let H' be totally projective with the following Ulm factors: The Supporting Institutions listed above contribute to the cost of publication of this Journal, but they are not owners or publishers and have no responsibility for its content or policies.
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